is uniformly continuous on every set G' a G which is bounded in the operator norm.
In addition, we shall always assume that $ has been normalized to make <J>(0) = 0.
The basic properties of these operators are discussed in §2; in particular, the somewhat surprising condition (iii) will be motivated. It is proved in Theorem 1 that, corresponding to every Nemitsky operator <£>, H can be realized concretely 2 as a space L (x) on which * acts as a functional operator (2).
Condition (3iii) ensures that the generating function cp(c,x) will be continuous in c for a.e. x ; this restriction on cp is a standard one ( [1, 2] ). The discovery of the rather delicate connection between the continuity of cp(*,x) and the uniformity property (3iii) was made by V. J. Mizel in his study of additive functionals [3] ; the arguments presented in his paper are crucial to the proof of Theorem l o
In view of the active research on additive functionals, as evidenced by [3] and the referencescited there, we prove (Theorem 2) an abstract Hilbert-space version of Mizel's basic representation theorem. Namely, if a real-valued function 0 on H satisfies additivity and uniformity properties analogous to those of Def. 1, then 8 has a 2 concrete representation on some L (x), (4) 9 : u->J 0(u(x) ,x)dn, ueL 2 (X).
x If the Nemitsky operator <i> is the gradient of a function 0 on H, then 9 will be shown to satisfy the hypotheses of Theorem 2, so that both <£ and its potential can be represented in the standard forms (2), (4 sense, then, we may think of the range of E(dA) in (1) as consisting of those u(x) for which $(u) = Au, and of (1) as a superposition of such eigenfunctions. Proof: The existence of (X,R,fi) and of the isometry K is a consequence of the structure theorem for G ( [5] ).
Moreover, G can be identified with the algebra L°° (X) 2 of multiplications on L (X) : for every AeG, there is a unique aeL°°(X) , such that KAK" 1 U = aC, ueL 2 (X); this map is onto L°° (X) , and ||A|| = ||a|| . Under the H oo isomorphism, <3> induces an operator <b on L (X) . We show that $ is a Nemitsky operator.
The regularity properties of $ assume the following form for <&:
(i) ' $ is continuous and bounded;
(ii) ' for every measurable E cz X, and any ueL (X), Fix ueH, and put <l?(u) = v. Define E n = {x; | u(x) ! ^ -^ , | v(x) | ^ n], and put ? n = X E . P n is n then a projection in 0, and with the notation u = P u, v = P v, nnnn (3ii) implies Moreover, again by (3ii), support v_ cz support u . Thus, we define A = P • v /u eL , then sp A is bounded, so nnnn n that A n e£ v for some -oo < v n < ^ < +oo, and n n Pu =0^ PA = 0, for projections PeG.
Consequently, u eM
, and as n -> <x> , u ->u. This n n proves (iii). Assertion (ii) follows from the fact that to any nonzero ueM , -oo < v < |i < +00, there corresponds precisely one AeC with the properties demanded by Multiplying by (I-P), and using (3ii) and commutativity, A n P n u = $(P n u) . With Q n = P n -P n+1^ we also have A n Q n u = $(Q n u)
Since the Q are disjoint, and A e£ , the series 
